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ABSTRACT

The solar wind (SW) is a supersonic outflow of plasma from the solar corona, with the latitudinal speed and
density profiles varying with the solar activity. The SW protons charge exchange with the inflowing interstellar
neutral atoms and create energetic neutral atoms (ENAs), which bring information on the physical state of
the plasma within the boundary region of the heliosphere. The speed of the ENAs depends on their energies,
and consequently observations at different energies provide information on different epochs backwards in time.
Therefore, understanding the history of the evolution of the SW is important to understand this information. In
this paper, we extend the work by Porowski et al. (2022), who provided the WawHelioIon 3DSW model of the
time evolution of latitudinal profiles of the SW speed and density based on results of analysis of interplanetary
scintillations (IPS). Based on results of Principal Component Analysis, we seek for correlation between selected
solar proxies and the structure of the SW obtained from IPS and show that it is possible to reproduce the
evolution of the SW structure during the past three solar cycles based on the proxies. With this, we extend the
history of the evolution of the SW structure back to 1976, i.e., to the epoch when observations of the key proxies
– the inclination of the SW current sheet and the solar polar magnetic fields – became available. We point out
the potential of the use of the proxies for forecasting the structure of the SW into the future.

Keywords: Fast solar wind (1872), Slow solar wind (1873), Solar wind (1534), Solar activity (1475), Stellar
activity (1580), Heliosphere (711), Astrosphere interstellar medium interactions (106)

1. INTRODUCTION

The heliosphere is a bubble in the interstellar medium blown by the solar wind (SW). Information on processes operating in the
boundary region between the SW and the interstellar gas can be obtained at 1 au from observations of energetic neutral atoms
(ENAs) of hydrogen that are created by charge exchange between interstellar neutral atoms and PUI protons carried by the SW
(Gruntman 1997, Gruntman et al. 2001). The latitudinal structure of the SW varies during the cycle of solar activity, with the
velocity and density profiles being relatively flat during the activity maxima and highly structured during the minima (Bzowski
et al. 2003, Lallement et al. 2010, McComas et al. 2008, Tokumaru et al. 2010). The intensity of the production of hydrogen
ENAs depends on the flux of interstellar PUIs, which depends on the flux and speed of the SW, how PUIs are accelerated at the
heliospheric termination shock and in the inner heliosheath (e.g., Zank et al. 1996, Chalov et al. 2003, Yang et al. 2015, Fahr et al.
2016, Kumar et al. 2018, Mostafavi et al. 2019, Giacalone et al. 2021, Zirnstein et al. 2021), and the physical processes governing
the origin of the IBEX ribbon (e.g., McComas et al. 2009, Heerikhuisen et al. 2010, Schwadron & McComas 2010, Zirnstein
et al. 2015, Florinski et al. 2016, Dayeh et al. 2019, Mousavi et al. 2022). The fluxes of ENAs observed at 1 au are additionally
modulated by re-ionization losses due to charge-exchange with SW protons and photoionization inside the termination shock of
the SW (Bzowski 2008).

The charge-exchange interaction of interstellar neutral hydrogen with the structured SW inside the heliosphere results in varia-
tions of the density and flux of interstellar hydrogen within a few au from the Sun (Bzowski et al. 2002, Sokół et al. 2019b), where
most of the heliospheric backscatter glow observed at 1 au is formed (Ruciński & Bzowski 1995). Especially in the downwind
hemisphere, including the region near the ecliptic plane, the latitudinal variation of the SW structure affects the density of inter-
stellar neutral H and the helioglow intensity (Bzowski 2003). These variations are also visible in direct-sampling observations
of interstellar neutral H atoms performed at 1 au by IBEX-Lo experiment onboard the Interstellar Boundary Explorer (IBEX)

ar
X

iv
:2

21
1.

06
39

5v
1 

 [
as

tr
o-

ph
.S

R
] 

 1
1 

N
ov

 2
02

2

http://orcid.org/0000-0001-8252-4104
http://orcid.org/0000-0003-3957-2359
http://orcid.org/0000-0002-2982-1887
songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang


songyongliang




2

mission (Galli et al. 2019, Rahmanifard et al. 2019). The variations in the density of interstellar neutral H affect the production
rate of the PUIs.

ENAs observed at 1 au at different energies bring information on the state of the plasma in the heliosheath at different epochs
(Zirnstein et al. 2016, Reisenfeld et al. 2019) because of the energy-dependent travel times of ENAs from their creation sites to
the detector. Also the primary and secondary populations of interstellar neutral H feature long travel times, equal to several solar
cycle periods (Bzowski & Kubiak 2020). With the advent of fully time-dependent models of the heliosphere, able to use models
of time evolution of the solar factors (e.g., Izmodenov & Alexashov 2015), modeling time variations of the ENA productions
becomes feasible.

Therefore, the evolution of the SW structure is important for interpretation of observations of heliospheric ENAs, interstellar
neutral atoms, and the helioglow, in addition to the interest in the SW itself. Pioneering studies of the latitudinal structure of
the SW were performed in situ by Ulysses during its three orbits in a solar polar plane. The SW speed and density profiles are
available for one solar maximum and two solar minima (Wenzel et al. 1989, Bame et al. 1992, Gloeckler et al. 1992, McComas
et al. 2008). Especially valuable are those performed at the perihelion portions of the orbit, the so-called Fast Latitude Scans,
where the full range of heliolatitudes was scanned within only several months. The measurements performed during the remaining
portions of the Ulysses orbits are more challenging to interpret because the duration of the heliolatitude scan was comparable to
the time scale of changes in the solar activity during the solar activity cycle.

In practice, systematic monitoring of the SW structure is only possible using remote-sensing methods based on observations
performed from the ecliptic plane. One of these is the interplanetary scintillation (IPS) method. It relies on multiple-station
observations of scintillation of radio waves from compact radio sources, caused by density fluctuations of SW electrons (Hewish
et al. 1964, Manoharan 1993, Kojima & Kakinuma 1990). The computer-aided tomography of IPS observations enable reliable
determination of the solar wind structure inside 1 au (Jackson et al. 1997, Jackson et al. 1998, Kojima et al. 1998, Tokumaru
et al. 2010, 2012, Tokumaru et al. 2021). The SW speed is determined by observing IPS for a radio source using geographically-
separated antennas. Based on observations of multiple sources performed during the period of solar rotation, a synoptic map
of the solar wind speed as a function of heliolatitude and heliolongitude is produced. The SW speeds determined using the
IPS method involve the effect of weighted integration along the line of sight. The tomographic analysis, in which correlation
between the SW speed and the strength of density fluctuations is assumed, enables correcting for this effect. These monthly
maps, released once per year, are publicly available from the Institute for Space-Earth Environmental Research in Nagoya, Japan
(Tokumaru et al. 2021).

Inevitably, because of the geometry of the observations, the speeds obtained for the highest latitudes are the most uncertain (see,
e.g., Figure 7 in Sokół et al. 2013). Also, the coverage of the sky is very non-uniform because of the non-uniform distribution of
suitable radio sources and the location of the antennas in the northern hemisphere of the Earth. Additionally, there are seasonal
gaps in the sky coverage because of antenna maintenance during winter months. Individual data points in the synoptic maps
feature a large scatter and some of them are outliers. However, heliospheric studies need a continuous and regular coverage, free
from outlying elements.

To address the postulate of a continuous and regular coverage, Sokół et al. (2013) and Bzowski et al. (2013) decided to
sacrifice the longitudinal and a portion of the temporal resolution of the IPS SW speeds for the sake of regularity. They averaged
the Carrington synoptic speed maps over heliolongitudes during individual calendar years, obtaining yearly heliolatitudinal speed
profiles. Subsequently, they fitted parameters of an analytic model defined as first- and second-order smoothly-connected splines
and obtained an analytic model of the yearly speed profiles, which can be linearly interpolated between individual years in time.
This approach was subsequently continued by Sokół et al. (2019a) and Sokół et al. (2020).

During the processing of the Carrington maps, Sokół et al. (2013) observed that the magnitude of the speed was correlated
with the number of line of sight observations used to compile the map. Consequently, they decided to discard the monthly maps
developed based on the number of individual line of sight observations below a certain threshold.

The presence of potential outliers in the Carrington maps of the SW speed and limitations of the analytic model used by Sokół
et al. (2013) and Sokół et al. (2020) prompted Porowski et al. (2022) to revisit the approach to the approximation of the SW
structure. These authors developed a novel statistical method of identifying and rejecting outlying data in the Carrington maps.
They cleaned the yearly latitudinal profiles of the SW speed and approximated them with a sum of the Legendre polynomials
up to an order varying between the years, with an additional constraint of disappearing of the derivatives of the profiles over
heliolatitude at the solar poles.

Results of application of this scheme to reprocessed SW tomography data for the entire observation period 1987—2020,
presented by Tokumaru et al. (2021), who modified the relation between the scintillation intensity and the SW speed, were
collected in the WawHelioIon 3DSW model of the SW speed, almost free from outliers. The mathematical form of the yearly
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solar wind latitudinal speed profiles in the WawHelioIon 3DSW model is defined in Equations 1–2 in Porowski et al. (2022). A
yearly profile is represented by a sum of the Legendre polynomials up to a certain order n, with the coefficients numbered from
0 to n. The model features an additional constraint of null derivative over heliolatitude at the poles, which reduces the number
of independent parameters of the model to n − 1. The parameters of the model make a time series covering the time interval
1985—2020.

In the present paper, we continue the development of the WawHelioIon 3DSW model. We extend the measurement data base
with observations from 2021. Because the time series created from the SW model coefficients covers almost four solar cycles,
we expect that it is long enough to comprehend information on the temporal evolution of the SW on time scales longer than one
solar activity cycle. We look for correlations between the shapes of the solar wind speed profiles, and demonstrate that a carefully
selected set of proxies is able to reproduce the observed profiles of the solar wind speed.

The objective of the paper is to find a general correlation between solar proxies and the SW structure that will provide a
capability to calculate the mean yearly SW speed profile based on a selection of proxies. We examine the properties of the proxy
time series to assess its applicability in expanding the SW evolution model in time (backward and forward).

The analysis starts with a mathematical formulation of the generalized SW model in Section 2. As a preparation for implemen-
tation of this model, in Section 3 we adapt the SW model developed by Porowski et al. (2022) used as the input SW model, and
in Section 3.2 we reduce its dimensionality using the Principal Components Analysis (PCA) method. Subsequently, in Section 4,
we take proxies that potentially can be used for reproduction of the SW speed profiles and, applying again the PCA analysis, we
select a subset of proxies that is actually used to construct the generalized SW model. Next, in Section 5, we present the extended
SW model, which we refer as the Generalized SW model based on selected proxies, and show its example application. In the
Discussion (Section 6), we show the performance of the proxy filtering and provide some comments on the model properties
when applied to individual solar cycles. We complete this section with a comparison of the proxy-based model with in situ SW
speed observations from Ulysses (Section 6.3). The results of the model development are presented in Section 5, where all details
needed to implement the model are given. The paper is completed with a summary and conclusions in Section 7.

2. MATHEMATICAL FRAMEWORK

The SW model recently published by Porowski et al. (2022) provides a functional description of 35 yearly mean latitudinal
profiles of the SW speed for the years 1985—2020. The profiles are obtained as a linear combinations of bases built from
Legendre functions (the model base) and one of m = 35 individual vectors of parameters (the parameter vectors). Each of the
parameter vectors is individually assigned to one of the 35 years in the range 1985—2020, without year 2010. The parameter
vectors are obtained from separate fits of the base functions to IPS data. The parameter vectors, together with the base functions,
provide a precise estimation of a yearly-averaged latitudinal SW speed profile for the middle of a given year.

In this work, we adopt a collection of solar proxies to see whether it is possible to express the SW model parameters through
the proxies. Both the collection of solar proxies and the SW model parameters are treated as two potentially correlated multi-
dimensional time series, in which we eliminate temporal dependence between them using a multilinear approach to express one
by another. The SW model parameters used in this work are obtained from fits of the Legendre-base SW model to the IPS data
that have been previously processed using the methodology developed by Porowski et al. (2022), with an extension to the data
covering year 2021, which became available after completion of the analysis performed by these authors. The choice of proxies
for the final model is based on an analysis that we discuss later in Sec. 4.

In the multilinear approach, it is desirable to provide uncorrelated inputs. Because both the commonly known proxies and the
SW model parameters are usually highly correlated, we decompose them into uncorrelated components using PCA. Mathematical
details of PCA are available in many textbooks, including, e.g., Jolliffe (2004) and Shlens (2014). As a result of the application
of PCA, the model parameters are not only decomposed into uncorrelated components, but also potential multilinearities and
correlations between the model parameters are removed. Additionally, the PCA has also a feature of model dimensionality
reduction, which is also used in our analysis.

The multilinear formulation we used may be expressed as follows. Denoting the i-th Principal Component (PC) of the input
SW model parameter as PCSW model

i and the vector of proxy PC as PCproxy, we assume a general relation between them in the
form:

PCSW model
i = ci +

n∑
j=1

Mi j PCproxy
j , (1)

where ci is the i-th constant parameter, Mi j is an element of an m × n matrix of coefficients M, which is describing a linear
combination of the SW model parameters and the proxies, n is the number of proxies, PCproxy

j is the j-th element of the proxy PC
vector. In the application of this formula to the PCs of the parameters of the reduced model, the index i ranges from 0 to m. Our
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objective is to determine the matrix M by means of parameter fitting for all years for the optimum values of n and m. The values
of n and m are found empirically.

In the formulation shown above, the matrix M and the vector c may be regarded as a generalization of the SW speed model,
since the information included in matrix M represents a generalized response of the model to a given proxy PC vector. Even
though M is retrieved using a proxy time series for a limited number of years, the time is not explicit in this formulation. So,
under assumptions that (1) the general dependence between the proxies and SW profiles deduced from the fitting is a represen-
tative description of the dependence between the proxies and SW speed profile in general, i.e., for all times, and (2) that the
transformation matrices used to calculate the PCs of the proxies and the PCs of the parameters also are representative, the matrix
M may be regarded as a generalized estimator of the SW profiles outside the time range covered by the available time series of
the available IPS observations, which returns SW speed profiles when a proxy vector is multiplied by this matrix.

The matrix M and the vector c are obtained by fitting to the data for the years 1985—2021, after necessary rearrangements.
Since the components of PCSW model and PCproxy are uncorrelated, the fitting procedure that minimizes the expression in the time
domain is performed separately for each component of PCSW model. It means that each of the m components, (PCSW model

i ) is fitted
individually and expressed as a linear combination of the components of PCproxy. We used a Wolfram Mathematica function
NonlinearModelFit with automatic selection of minimization method.

Similarly as in the case of the transformation matrix from the Legendre base to that obtained from the PCA analysis for the
SW, the robustness of M will be verified during the coming years, when more SW IPS data will be available. In our opinion, it is
desirable to use the data from a time interval covering full solar cycles. At present, we have covered three full cycles and a small
portion of the fourth one. We decided to not exclude the most recent years from the analysis to acknowledge for the presence of
long-term variations in the solar wind, with a time scale much longer than that of the 22-year Hale cycle.

Using the above formulation, we performed an empirical study of the generalized SW model, which allowed us to determine
the optimum model setup, which provides the best SW model estimations. The optimum setup that we developed brings stable
and unique solutions of the SW profile estimations with a reasonable accuracy and satisfactory agreement with the Ulysses data.
The setup determines the magnitudes of m and n, i.e., the numbers of mmodel of the components of PCSW model and the nproxy

components of PCproxy, and the composition of the proxy vector. The quality of the solutions provided by the optimum model
setup was checked by comparing the SW profile estimations provided by the generalized model for a wide variety of possible
mmodel and nproxy values, as well as for different proxy vector compositions. More details will be presented below.

3. INPUT SW MODEL: ITS TEMPORAL PROPERTIES AND MODIFICATIONS

3.1. Refitting of the SW Legendre model

As the input model we use the model based on Legendre functions from Porowski et al. (2022). In order to apply the formula
from Equation 1, the input model is refitted to obtain a common order for all the years. The order of the input SW model varies
from one year to another, resulting in a variable number of model parameters (i.e., the parameter vectors lengths) hanging from
one year to another within the range between 9 and 17. The variable order of the parameters was previously used to obtain a
distribution of the residuals as close to the Gaussian as possible. It was motivated by the goal that the model is supposed to
provide an optimal and precise SW speed profile, treating each year individually. However, a constant dimension of the input
model is required in the formula in Equation 1. Therefore, the analysis starts with adoption of a common order of the SW input
model, which requires refitting of the model. The use of a common order of the input SW model also allows us to apply the PCA
in the analysis. The refitting includes also an extension of the IPS data by another year (2021), for which the IPS data are now
available. This increases the number of years with data available to 36. The preprocessing of the IPS data for this additional year
was done identically as for all the other years (Porowski et al. 2022).

The first issue to address was selection of the common initial model order minit. We found that the generalized SW model
provides almost identical estimations of the SW profiles for a wide range of the minit values 8—22 when a filtration level at 1%
in the PC domain is adopted. We selected minit = 20, which was motivated by the available length of the proxy vector limited
by data and filtering. From this, we obtained 19 independent SW model parameters which are fitted to each of the 36 years
individually. Each parameter corresponds to a given model order (and so to a given element of the Legendre base), so the fitting
provides 19 vectors with 36 vlues of model parameters, which can be regarded as 19 sets of the time series.

Next, we analyze the time series composed of the refitted coefficients. The time series of the fit parameters of the SW model
are shown in Figure 1.

Visual inspection of the time series of the model parameters reveals a quasi-periodic behavior in some of them. In particular,
the zeroth, second, and fourth parameters clearly show a periodicity corresponding to the solar cycle variations. While the zeroth
parameter (i.e., a constant value) corresponds to the latitude-averaged SW speed, the physical and temporal interpretation of the

songyongliang




5

1980 1990 2000 2010 2020

400

450

500

550

600

650

order 0

1980 1990 2000 2010 2020

-50

0

50

order 1

1980 1990 2000 2010 2020

0

50

100

150

200

250

order 2

1980 1990 2000 2010 2020

-40

-20

0

20

40

order 3

1980 1990 2000 2010 2020

-200

-150

-100

-50

0

50

100

order 4

1980 1990 2000 2010 2020

-60

-40

-20

0

20

40

order 5

1980 1990 2000 2010 2020

-50

0

50

100

order 6

1980 1990 2000 2010 2020

-40

-20

0

20

40

60

order 7

1980 1990 2000 2010 2020

-60

-40

-20

0

20

40

order 8

1980 1990 2000 2010 2020

-30

-20

-10

0

10

20

30

order 9

1980 1990 2000 2010 2020

-30

-20

-10

0

10

20

order 10

1980 1990 2000 2010 2020

-20

-10

0

10

20

order 11

1980 1990 2000 2010 2020

-30

-20

-10

0

10

20

order 12

1980 1990 2000 2010 2020

-20

-10

0

10

20

order 13

1980 1990 2000 2010 2020

-20

-10

0

10

20

order 14

1980 1990 2000 2010 2020

-40

-20

0

20

40

order 15

1980 1990 2000 2010 2020

-10

0

10

20

order 16

1980 1990 2000 2010 2020

-20

-10

0

10

20

30

order 17

1980 1990 2000 2010 2020

-10

0

10

20

30

order 18

Figure 1. Time series of the parameters of the initial SW model for the years 1985—2021 obtained from fitting.

other parameters is more complex. Therefore, to investigate their properties, we analyze the temporal variations of the parameters
using the autocorrelation function (ACF), calculated for time lags ranging from 1 to 30. The results are plotted in Figure 2 with
the confidence bands for the confidence level cl = 75%.

Analysis of the ACF of the SW parameters confirms the existence of seasonality in the first three even-numbered model
parameters, i.e., for #0, #2, and #4, which describe the latitudinally-symmetric variation of the speed profiles and closely follow
the 11 years solar cycle period. The remaining parameters feature periodicities close to 11 years (like #6) or different than
11 years, being in general agreement with the SW periods reported by, e.g., Prabhakaran Nayar (2006) and Katsavarias et al.
(2012). While the parameters #1 and #3 show the strongest periodicity for ∼ 16 years lag, a ∼ 5.5 years periodicity seems to
be featured in the ACF of parameter #5. The coefficient #7 features a strong periodicity of ∼ 12.5 years. In general, the odd-
numbered parameters, which describe the asymmetric part of the model, show different properties than the even-numbered ones.
No straightforward solar cycle-related seasonality is visible, but since their ACFs show that the statistically significant lags are
present and often close to the periods existing in the power spectrum of the SW speed, it is apparent that traces of a complex
periodic behavior of the SW in the odd-numbered parameters exist, and that the SW model parameters are related to the physical
parameters of the Sun. However, in this work we will not try to convey how the parameters correspond to the physical properties
of the Sun, leaving it to be investigated in the future. It is also not excluded that at the moment the character of the temporal
structures for the odd-numbered parameters may be not fully descriptive because of the limited statistics and because during the
investigated time interval the SW featured secular (or very long-period) variations, including a drop in the mean flux (see, e.g.,
McComas et al. 2013, Sokół et al. 2021).
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Figure 2. The magnitudes of the autocorrelation function for the 19 fit parameters of the refitted SW model, plotted as a function of the time lag
expressed in years. The numbers above the panels indicate the orders corresponding to the Legendre base in the SW model. A 75% confidence
level bands are plotted with the red lines.

3.2. Reduction of the dimensionality of the input SW model

The common seasonality, seen in the ACF for some of the SW model parameters in Figure 2, strongly suggests that some of
these parameters may be redundant. Therefore, as the next step of the analysis, we decompose the parameters into uncorrelated
components using PCA and filter out the least significant of the resulting components from further steps, i.e., we perform filtering
in the PC space. A bar plot showing the contributions of the PCs of the SW model parameters to the total variation, ordered by
their significance, is shown in Figure 3. The time series of the SW model parameter PCs are shown in Figure 4, and a new base
of the model, being a transformed Legendre bases into the PCA space, is shown in Fig. 5.

At this stage of research we feel unable to conclude if the transformation from the Legendre base to the PCA-optimized base
that we have just derived has an universal character, or if acquiring more IPS observations, expected during the forthcoming
yeas, will significantly modify the PCA-derived basis. We anticipate that at least a few first base functions will not change
significantly, because we verified that for different model dimensionalities ninit from the range 8—22 the first few bases are very
similar. The parameters of the SW model in the PCA base are denoted PCSW model. They may be regarded as the coefficients of
the corresponding elements of the new base.

The elements of the new base are weighted by the corresponding PCs. For example, it is seen that the first PC (PC0), which
contributes to the total variation by more than 60%, shows a seasonality that follows the heliolatitude-averaged SW speed,
which modulates the corresponding V-like shaped element of the base (see the upper-left panel in Figure 5). Consequently, PC0
modulates the SW profile into the characteristic V-shape during the minima of the solar activity. The other components have a
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Figure 3. Contributions of individual PCs of the initial SW model to the total variation, expressed in percent.

lower weight and contribute to details of the shapes of the yearly profiles. While PC1 modulates mostly the polar regions, PC2
and PC3 describe the north/south (N/S) asymmetry.

We determine the optimal order of the SW model assuming a certain cutoff level of the PC contribution to the total variance,
below which the PCs are considered as insignificant and rejected. Based on empirical study we found that the optimum cutoff

value for the PCs of the coefficients is 1% of the contribution to the total variance. This reduces the number of the SW model
parameters from 19 to 9. The model with the reduced common dimensionality will be referred to as the reduced SW model.
The reduced SW model is used in fitting the proxy-based model. A comparison of the solar wind data, the original model from
Porowski et al. (2022) (extended to 2021), and the reduced model are presented in Figures 6 and 7.

Now we check how elimination of the insignificant PCs impacts the model SW profiles by analyzing the reduced-model
residuals as a function of heliolatitude φ. The residuals are arranged in 40 equi-areal latitudinal bins that correspond to bands on
the solar sphere parallel to the solar equator. Selection of such bins reduces the impact of the inhomogeneous IPS data coverage
near the polar regions, where the sparsity of the data and the relatively large spread of those that are available might lead to an
overestimation of the residual dispersion. It was found that the profiles of the reduced SW model do not differ significantly from
those in the refitted SW model, and that the reduction of the model dimensionality does not bias the results. This is illustrated in
Figure 8. It is seen that due to the PCA filtering the model accuracy is changed insignificantly.

Concluding this part of our research, we have re-formulated the refitted SW model obtained by Porowski et al. (2022) and
extended with data from 2021 into a reduced model, where all the yearly profiles are represented by the same number of 9 terms.
The model is defined as a linear combination of the base functions obtained from the PCA analysis. This model can be used
directly and supersedes that proposed by Porowski et al. (2022). In the further part of the paper, we focus on developing an
approximation of this model using solar proxies.

4. PROXY SELECTION AND PROCESSING

Most of the solar proxy time series provide convenient measure of the solar activity evolution and show temporal variations that
follow directly the solar cycle seasonality. On the other hand, the ACFs of the SW model parameters suggest that the parameters
are characterized by a few independent types of variations. The fact that the SW parameters are deduced from high-resolution
latitudinal profiles of the SW speed measured over many years suggests that other types of variabilities are of the solar origin,
since many aspects of the solar activity must have left their imprints on the SW profiles. Therefore, we examine if the proxies also
consist of components featuring different types of the solar seasonality, similar to those apparent in the SW model parameters. If
so, they must be connected with the main variability and are less apparent in the proxy data because of their possible weak relative
amplitude. Therefore, we expect that if we are able to separate other potential types of the intrinsic solar variations imprinted in
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Figure 4. Time series of the 19 parameters of the SW initial model transformed into the PCA space.

the solar proxies, we will be able to link the proxies with the SW model parameters. Our objective in this subsection is to identify
and disentangle the expected traces of variations in the proxies that are different than those related to the 11-year solar activity
cycle, and to use them in extension of the SW model.

The proxies that may be potentially adopted for the model extension must fulfill the following prerequisites. The number of
independent proxies must be similar to that of the base functions in the reduced SW model. At least some of the proxies must
be correlated with the 11-year variation of the solar activity cycle. The proxy set must be able to reproduce the N/S asymmetry
in the SW. The proxies must have a long time coverage, ideally extending before the beginning of the available IPS solar wind
data (1985—2021), and be available nowadays. At least some of them must be connected with phenomena related to the solar
magnetism, which is one of the factors responsible for the creation of the solar wind.

On the other hand, it does not seem to be advantageous to admit several proxies very strongly correlated with each other, like,
e.g., the F30 (Tanaka & Kakinuma 1957, Shimojo et al. 2017) and F10.7 (Tapping 2013) solar radio flux, because this would
result in yielding little additional information to the system but would certainly add the inevitable noise to the system. Fujiki et al.
(2015) pointed out a usefulness of polar fields as proxies related to the solar wind structure. We identified a proxy set that meets
the requirements listed above and provides a satisfactory estimation of the SW profiles. The proxy set consists of the components
listed in Table 1, which also include proxies that had been considered as candidates during the tuning of the generalized model,
but finally were rejected as a result of tests performed. Rejection of some of the candidate proxies was mostly because of their
redundancy or negligible impact on the results. We found that the current sheet tilt angles in the north and south (CSN/S ) are
essential for proper estimation of the SW speed profiles. Without adoption of the CSN/S tilts, the estimation of the profiles during
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Figure 5. The base functions for the reduced SW model in the PC coordinate system. The base functions in this space are linear combinations
of the original Legendre base functions of the SW model, obtained from the transformation matrix to the PCs coordinate system. Each of the
base functions corresponds to an individual PC, as labeled in the plots.

the solar maxima shows a large discrepancy when compared with the profiles estimated with CSN/S . At the moment, the CSN/S

data availability limits the generalization of the SW model back to the year 1976 only. However, extension backward in time
beyond 1976 will be possible if a proxy equivalent to CSN/S can be identified, for which data before 1976 are available. Also the
strengths of the polar fields (PFN/S ) are important to obtain the proper results, which is a consequence of correlations between
the polar fields and the fast/slow SW reported by Tokumaru et al. (2021). The time series of the selected proxy set is shown in
Figure 9.

Table 1. Basic properties of the used proxies.

# in proxy setup proxy abbreviation unit data since where measured ref.
1 radio flux at 30 cm F30 sfu 1951 whole disk [1]

rejected radio flux at 10.7 cm F107 sfu 1947 whole disk [2]
2 solar irradiance in Ly-α line Lα W m−2 1947 whole disk [3]

3,4 sunspot number (N, S) SSNN/S counts 1755 separate for N/S [4]
5,6 current sheet tilt angle (N, S) CSN/S degree 1976 separate for N/S [5]

rejected MgIIc/w ratio (Bremen) MgIIc/w ratio 1978 whole disk [6]
7,8 polar field strength (N, S) PFN/S G 1976 separate for N/S [5]
9 speed SW speed km s−1 1963 in situ [7]

rejected density SW density cm−3 1963 in situ [7]

[1] Tanaka & Kakinuma (1957), Shimojo et al. (2017), Dudok de Wit et al. (2014)
[2] Tapping (2013)
[3] Machol et al. (2019)
[4] Clette et al. (2014), Veronig et al. (2021)
[5] Hoeksema et al. (1983)
[6] Viereck et al. (2004), Snow et al. (2014)
[7] King & Papitashvili (2005)
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Figure 6. Solar wind speed data in km s−1 obtained from IPS analysis, filtered against outliers (dots; Porowski et al. 2022), compared with
the reduced SW models (blue lines) and with the generalized SW model (red lines). It is seen that despite the dimensionality of the generalized
model is reduced, the SW profiles are almost identical to the initial model in most of the cases. The plots are in the cos(φ) space.
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Figure 7. Figure 6 continued.
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Figure 8. Comparison of reduced χ2 for the initial and reduced SW models as a function of cos(φ). The reduced SW model is built on the first
9 PCs out of the 19 components obtained from the refitted SW model. Since only slight differences between the refitted and the original models
are seen, it suggests that the order of the initial model is too high and that the model parameters are redundant.

Note that some of the selected proxies are correlated with the magnitude of the solar activity, and some of them with the
strength of the solar magnetic field. While some of them are quantities averaged over the whole solar disk, some other ones are
provided with discrimination between the north and south solar hemispheres. Additionally, proxies measured in situ close to the
solar equator are also used. These properties fulfill the requirements stated above.

The proxies were yearly-averaged to provide a temporal resolution identical to that of the IPS-based model, and standardized
before use (i.e., the mean values were subtracted and the results divided by the respective standard deviations). Before averaging,
the input proxy data at their full resolution were filtered against values derived from other proxies to remove potential artificial
correlation enhancements.

Before application of the candidate proxies to the SW modeling, we attempted to identify and disentangle the common domi-
nating variations existing in the proxy set into uncorrelated components and to eliminate potential redundancies that still might
be present in the selected proxies. We processed the variations similarly as in the case of SW model parameters, i.e., we applied
PCA to the full set of the selected proxies for the years 1985—2021. The ACF of the proxy PCA showed separation of the
commonly known solar cycle periodicities in the first three PCs (Figure 10). In addition, the higher orders of the proxy PCs also
showed evidence of weak seasonalities, but at the boundary of the adopted confidence level, also showing a moving average-like
type of periodicity in the data set. Subsequently, we subjected the results of the proxy PCA to a dimension-reduction analysis,
similar to that performed for the coefficients of the refitted SW model. However, the sensitivity of the predicted profiles provided
by the generalization procedure to the proxy PC filtering is high. Therefore, the optimization of the proxy PC filtration level was
performed with respect to the total accuracy of the generalization procedure, and simultaneously to the stability of the profile pre-
dictions provided by the generalization. We found that use of 6 of 9 proxy PCs in the fitting performed within the generalization
protocol is optimal. The methodology of the optimization is discussed in section 6.1.

songyongliang
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Figure 9. Yearly averages of the proxies listed in Table 1 used in the final analysis.

5. RESULTS

5.1. The extended SW model

Based on the development presented in the preceding sections, we propose an extended model of the evolution of the latitudinal
structure of the SW, which is a base for the most recent version of the WawHelioIon 3DSW model. The extension is purely
empirical, based on the model by Porowski et al. (2022), and has a yearly resolution in time and an infinite resolution in he-
liolatitude. Since the extension relies on fitting to all years at once, it comprises information about long-term evolution of the
SW and offers an ability to predict SW speed profiles for times outside the IPS data interval. For the years for which IPS mea-
surements are available, i.e., 1985—2021 (except 2010), it provides SW speed profiles in agreement with IPS observations, as
shown with the red line in Figures 6 and 7. For the years outside this set, for which all necessary proxies are available, i.e., for
the years 1976—1984, it provides proxy-based estimates of the 3D structure of the SW under assumption that no abrupt changes
in the mean solar physical properties occurred during the year. The obtained proxy-based predictions are stable and show the
SW speed evolution as expected qualitatively based on the phase of the solar activity cycle. The overall quality of the prediction
ability of the proxy-based backward extension is confirmed by a comparison of the model predictions with the Ulysses in situ
measurements, as shown in the Figure 15.

The model extension is provided as a set of matrices and vectors. The set of matrices, according to Equation 1, includes the
main matrix (M) and the vector of constants (c), shown in Equations 2 and 3, respectively. Additionally, a set of matrices and
vectors necessary for preprocessing of the proxy data is provided (the matrix of proxy data must have the units and order as in
Table 1). This set which includes: (1) the normalization factors of the PCA (normproxy) and (2) matrix to calculate the proxy
transformation to the frame of the PCA (Mpca), shown, respectively, in Equations 4 and 5. As an example, a proxy matrix used
in fitting (x) is shown below in Equation 6. The basis in the PCA frame and additional constants are in Equations 7 and 8,
respectively.
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Figure 10. The ACF for the proxy PCs. The numbers above the panels indicate the order of the PC in the descending order of their contribution
to the total variation.

M =



48.8267 0.269098 30.5499 83.0085 23.4636 −74.9528
−2.64821 1.55161 12.4453 −7.55614 −55.0053 25.0039
4.38350 −9.04521 −24.6587 −14.8259 −4.48943 27.1326
1.00285 2.12737 −8.42190 −4.81501 4.29399 −44.6620
−0.180288 −1.34206 −10.4036 17.4988 −2.80003 −1.36492
0.995979 3.42453 −2.50735 −1.67740 18.7963 7.54459
0.697072 −0.206675 −11.1027 0.894392 −5.52596 4.66782
−0.876336 −2.11475 −4.70134 6.53698 −0.303955 −27.0590
−1.12215 0.859762 1.55668 5.02860 −1.91262 −12.5170


(2)

c =



−416.545
−82.9764
209.221
159.309
129.691
−65.4379
209.373
79.4066
−27.9854


(3)

normproxy =



75.2099 29.0239
0.00727234 0.00104463

28.3888 29.6817
39.9128 35.0266
40.6087 20.3532
41.5538 18.8522
4.88211 67.0727
2.14263 72.8142
434.605 35.3377


(4)
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Mpca =



−0.421904 −0.0733046 −0.0429772 0.210449 −0.104058 0.210305 −0.118872 −0.142205 0.825275
−0.421291 −0.0710745 −0.0201871 0.181684 −0.184167 0.150249 −0.139093 −0.697529 −0.470807
−0.398775 −0.0187734 −0.0502221 0.379336 0.763069 −0.00682918 0.239255 0.187025 −0.140237
−0.410258 −0.0466386 0.00749083 0.311658 −0.509035 −0.257656 −0.144500 0.584075 −0.211657
−0.376287 0.00439128 −0.112149 −0.657751 0.239873 0.104671 −0.553933 0.179313 −0.0754078
−0.398439 −0.00698783 −0.0137800 −0.493842 −0.174061 −0.176146 0.729091 −0.0512587 0.0400257
0.0399996 −0.691262 0.105116 −0.0350202 0.132975 −0.651507 −0.150560 −0.181070 0.103356
0.0533340 −0.677785 0.216259 −0.0497767 −0.0675911 0.630974 0.151371 0.221111 −0.118393
−0.111300 0.223033 0.961552 −0.0381643 0.0614512 −0.0467996 −0.0663551 −0.0255375 0.0284334


(5)

x =



47.5910 0.00638410 8.54607 11.2992 18.0214 18.1714 −111.757 −146.270 471.267
47.2946 0.00625642 9.01921 6.24068 15.2462 12.8308 −114.194 −140.750 456.647
54.2239 0.00645037 12.3194 21.7014 18.1154 18.5692 −112.622 −117.730 431.629
88.3978 0.00756160 67.4948 55.6484 44.6000 42.7500 −86.1111 −85.3889 427.035
133.484 0.00923105 109.550 101.526 67.6462 66.5769 −22.8108 −37.5135 454.652
123.582 0.00893128 93.7327 99.5513 74.1538 70.2231 31.6389 −10.2222 449.350
133.984 0.00931042 76.0512 125.997 57.5286 62.5714 63.2703 26.5676 459.872
101.713 0.00854090 43.6122 77.9196 33.4385 40.4385 95.2778 98.3333 433.833
79.9851 0.00727459 27.6657 39.8245 26.6429 41.8071 75.0000 119.784 451.328
58.6667 0.00656255 14.2467 25.8597 24.2538 33.8923 84.5000 123.917 517.078
51.0805 0.00639097 8.70424 17.4646 17.9923 24.1308 91.6486 108.486 428.395
46.8648 0.00620282 5.09636 7.87204 17.7643 15.1929 102.778 86.4167 422.619
54.0940 0.00642495 11.1839 12.1327 22.0000 17.8769 96.8378 75.6486 381.851
81.1572 0.00746318 26.3806 48.9657 40.4929 49.0786 88.3889 43.7778 408.604
100.512 0.00835517 57.1578 57.7206 70.8462 68.5231 40.5676 20.2973 440.273
120.955 0.00902966 76.0164 85.8398 69.4231 68.5308 −4.40541 −14.8919 450.281
117.569 0.00878063 77.2718 82.6459 51.3857 58.3929 −58.1111 −23.4722 421.827
122.484 0.00891439 63.1818 103.289 52.4308 61.6308 −48.6757 −39.3243 439.493
86.5443 0.00783642 30.0755 60.6068 54.1286 61.3071 −63.1389 −52.7222 544.626
71.2132 0.00729561 14.0678 40.9891 48.0692 49.6769 −55.2703 −62.0541 447.536
60.1714 0.00684336 9.42059 30.8284 44.2231 39.4231 −47.8056 −56.6667 472.332
53.2975 0.00653530 3.49705 24.9660 31.1500 36.8000 −60.2973 −56.8378 434.105
47.2758 0.00625521 0.880995 14.5203 26.1077 36.4231 −58.8333 −53.7500 439.973
45.2347 0.00610638 2.14568 4.41786 26.4286 35.7786 −54.3514 −55.2973 447.116
47.0203 0.00613717 2.32493 2.78853 20.3077 19.6923 −45.4167 −51.8333 362.962
77.4265 0.00735210 32.0572 22.1852 69.1500 58.6857 −14.2222 −40.5278 418.096
83.3025 0.00758166 31.7112 42.7903 72.0154 66.0923 2.32432 −32.3514 408.993
87.8305 0.00767330 30.3729 63.7661 71.2000 68.4462 11.3056 −3.61111 399.240
101.088 0.00805843 27.2990 76.9838 65.0786 55.3786 −1.10811 21.6216 396.081
86.5643 0.00770721 21.6115 35.5292 53.8846 45.3923 15.5000 65.5000 436.919
61.0023 0.00679223 12.2259 9.58289 47.2500 39.9571 31.8378 71.2432 449.602
50.0036 0.00635418 7.59104 5.42325 36.6615 24.2000 53.8611 71.2222 451.848
44.9223 0.00613083 2.51153 3.04444 26.5385 18.7462 61.8919 65.6757 410.959
43.7535 0.00609835 2.46505 0.421922 15.2500 22.1857 72.5000 57.3056 398.182
48.8119 0.00629570 1.14134 5.56315 12.8769 15.6000 62.0286 53.2286 376.457
48.4548 0.00668587 3.36790 10.9573 19.6125 30.9625 53.7297 49.3243 404.724



(6)

basis =



0.0303615 −0.148399 −1.82016 0.950588 −36.7423 6.26709 352.491 −96.6696 −1617.42 467.822 4459.57 −1235.87 −7855.94 1957.02 8964.88 −1850.45 −6438.14 963.036 2647.12 −212.067 −474.782
−0.154847 0.325799 3.90247 6.90727 21.6849 −89.8171 −280.281 287.864 1096.96 229.275 −2508.66 −3301.71 4024.62 8020.33 −4760.62 −9197.81 3870.65 5238.81 −1848.41 −1194.14 379.615
0.613839 0.372516 1.02147 −33.3731 29.6560 630.252 −747.087 −4796.09 5842.06 19540.8 −23826.1 −46894.1 57197.7 68341.9 −83658.0 −59457.7 73319.5 28399.5 −35397.0 −5730.55 7237.97
0.145646 −1.95972 10.6026 39.1579 −189.615 −562.665 1933.82 3921.91 −11314.8 −15399.3 39199.7 36557.9 −83812.1 −53479.0 112125. 47073.4 −91499.5 −22837.6 41652.1 4687.62 −8104.74
0.381407 −1.57060 −0.259320 −26.3406 −21.7187 728.965 355.245 −5454.74 −2696.69 20490.3 11624.3 −44612.3 −30199.8 58738.4 48036.0 −46163.8 −45673.7 19955.1 23785.1 −3654.61 −5208.56

0.0931676 −0.754711 −3.89398 −31.1527 9.77272 396.029 −91.4966 −1877.23 1989.76 3758.42 −12472.6 −717.400 37180.8 −9889.13 −61203.7 17245.5 57173.6 −11997.7 −28442.7 3113.54 5859.90
0.843597 1.23274 −3.23982 30.3795 −79.4358 −875.537 1012.62 7411.24 −4466.28 −31623.2 9048.70 78077.9 −6323.86 −116340. −7336.48 103177. 17591.1 −50126.2 −12751.7 10266.8 3308.12
0.305436 −0.662309 0.577370 25.6113 3.73271 −277.483 −298.114 1188.81 2384.84 −1516.95 −8910.03 −4050.86 19456.6 16562.3 −26484.2 −23001.4 22236.6 14720.8 −10563.3 −3649.53 2172.33

0.00924623 0.975741 −11.0824 −43.9141 124.351 646.534 −491.906 −5116.36 701.214 23481.5 1051.08 −63434.7 −7397.01 101626. 17231.3 −94738.9 −21284.1 47447.5 13553.0 −9868.64 −3476.34
0.152456 −0.188276 −16.1914 −24.2256 282.609 482.069 −2465.05 −3167.74 13203.7 10593.6 −44965.7 −21380.0 98114.0 27917.6 −136403. −23410.3 116763. 11449.6 −56029.1 −2460.08 11515.3
0.542655 −1.69619 −37.5690 64.7035 828.075 −748.126 −7541.03 4261.83 35577.9 −14448.9 −96632.7 31480.6 157676. −44762.6 −153936. 40136.4 84704.6 −20506.6 −22108.4 4523.67 1469.38
−0.0262717 −2.90130 −3.58938 67.2150 63.8465 −510.549 −590.883 690.347 4130.09 7796.28 −20671.4 −40722.7 64868.1 87368.0 −121167. −97371.6 130248. 55470.6 −74237.9 −12784.5 17360.0
−0.232157 −1.56151 28.5999 70.7166 −692.226 −1017.17 7124.31 7655.40 −39606.8 −33437.9 131569. 88045.2 −273097. −141208. 357468. 134653. −286968. −70039.4 129137. 15279.8 −24962.4
0.185056 −0.209586 −0.622268 37.5424 −204.829 −746.163 3389.47 6555.66 −21340.2 −30620.6 68362.2 82337.6 −123165. −131552. 127525. 123287. −72393.7 −62578.4 19015.5 13278.9 −1188.63
0.189349 −0.689866 −28.0463 18.4207 694.619 −111.629 −7229.82 28.5454 40173.9 1718.90 −132734. −6907.70 273528. 13426.7 −354699. −14833.9 281029. 8904.17 −124143. −2241.67 23407.5
0.0608202 −1.19240 −23.9073 15.6640 868.209 271.009 −12072.2 −4048.51 83475.3 20000.2 −325806. −49735.3 764414. 68974.3 −1.10008 × 106 −53721.7 950520. 21737.9 −452518. −3492.60 91219.5
−0.146085 −7.06343 22.6386 325.455 −780.398 −4949.31 9955.51 36187.5 −64163.4 −147484. 238589. 358811. −542647. −532606. 766042. 472488. −654169. −230004. 309191. 47237.9 −62039.6
0.0422022 0.690534 7.56196 −98.4124 −179.249 2363.49 1388.67 −22171.6 −4741.18 106037. 7283.10 −289065. −2659.44 467920. −5785.88 −444809. 6998.25 229203. −2320.92 −49379.7 9.42865
0.135358 −2.76493 −37.9291 168.453 1373.54 −3056.17 −18293.1 24551.3 121332. −104910. −457709. 260684. 1.04472 × 106 −389442. −1.46939 × 106 344887. 1.24473 × 106 −166870. −582195. 33991.5 115475.
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basisconst =



−1.39366
53.0259
−19.1181
1.79221
24.8439
−6.96403
−9.56386
−19.2455
24.4573
−6.01699


(8)

Each row of x corresponds to a separate year and consists of yearly averages of individual proxies sorted in the ascending order
(1985—2021, without 2010). The columns hold the time series of the individual proxies according to enumeration in Table 1.
Before use, the columns of x must be standardized using vector basisconst (i.e., the arithmetic mean value must be subtracted from
the time series in each column, and the results divided by the standard deviations of the time series).

In order to estimate a profile for the desired time using the matrices above, one must execute the following steps.
(1) Obtain the proxy vector, with the components set according to the order and units listed in Table 1. The mean time at which
the proxy values were prepared will be the time for which the profile estimation is made.
(2) Standardize the proxy vector using the mean and standard deviations stored in vector normproxy, in which the mean is the first
column, and the standard deviation is the second column.
(3) After standardization of the proxy vector, perform its PCA by calculating the following product:
proxyPC = −(proxyMT.proxyT)T,
and removing the last 3 values.
(4) Calculate the following product, which returns the coefficients of the SW model: coeffs = c + M.modelProxyInput, and join
the basisconst to coeffs.
(5) The profile is ready for insertion of a value from the range of cos(φ) ∈< −1, 1 >. After calculating the following product:
pro f ile(cos(φ)) = (coeffs.basis)(φ), one obtains a polynomial describing the mean SW profile.

5.2. Application

As an example of practical use of the derived correlation between the SW speed structure and the solar proxies coded in the
form of matrix M, we estimate yearly average 3D SW speed structures for years the 1976—1984 and 2010. The above selection
of years is made based on the availability of proxies, and also to fill the IPS gap in 2010. To obtain an estimation of the SW
structure, we prepare yearly averages of the solar proxies, which we subsequently which normalize and calculate a product
between the matrix M and the proxy vector, with an addition of the constant values that are also provided from the fit. The overall
description of practical application is described in the previous section. The results of estimation are shown in Figure 11.

The temporal variations of the predicted profiles seem exactly as expected, based on the solar activity history during the
prediction years. The SW speed profile evolves from the shape characteristic for the solar minimum, which was about to end
around 1976. During the following years, the profiles smoothly flatten at the maximum of Cycle 21, which occurred around 1980,
to begin to rise at the poles, heralding a transition to another solar minimum, which occurred after 1985. This temporal behavior
of the predictions for the years 1976—1984, based on the experience obtained from analysis of the solar cycles for which IPS data
are available, suggests that they are correct. Also the prediction for year 2010, i.e., the year during which one expects flattening
of the SW speed profile due to transition to the solar maximum epoch, was indeed obtained in these calculations.

The calculation of the density is recommended to be performed identically as in (Porowski et al. 2022), i.e., using the invariant
SW energy flux estimated from the OMNI2 in situ time series. Results of the speed and density calculation are presented in
Figure 12.

6. DISCUSSION

The proxy-based model of the solar wind speed structure thus derived can be used to calculate yearly-averaged speed profiles
of the solar wind for the times when IPS measurements of the SW speed are not available. Derivation calls for using yearly
averages, but the time interval over which the averaging of the proxies will be performed may be selected according to specific
needs. For example, the yearly profiles may be obtained not for the middle of a given calendar years, as we chose in this paper,
but for any other part of a year. In particular, it can be centered at the halves of individual Carrington rotations. Thus, one might
think of replacing the scheme used by Porowski et al. (2022), where the yearly-averaged SW parameter values obtained from
IPS analysis are interpolated linearly for the centers of Carrington rotations, with a scheme where a speed profile for a given
Carrington rotation is calculated from the proxies averaged over 13 Carrington rotations, straddling this selected one.
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Figure 11. Predictions of yearly mean profiles of the SW speed for the years 1976—1984 and 2010 obtained using the generalized SW speed
model (red line). The shaded area indicates the 95% confidence range.

This scheme cannot be expected to reproduce latitudinal profiles of the SW speed averaged over individual Carrington rotations.
Analysis of longitude-averaged synoptic maps of the SW speed developed by CAT analysis (Tokumaru et al. 2021) suggests that
changes of the SW speed profiles may be quite abrupt, occurring at time scale comparable to the Carrington period. Thus, while
trends may be reproduced, most likely details will be missed.

An alternative approach could be calculating the speed profiles based on monthly averages of the proxies transformed using
the PCA-derived matrix. A comparison of the calculated profiles with IPS-derived data is outside the scope of this paper and will
be performed in the future.

Potentially, the method derived in this paper may be applied to forecasting the solar wind structure. This could be performed
by calculating the SW speed profiles based on the most recent proxies transformed with the PCA matrix. This approach might be
useful, e.g., for calculating the survival probabilities of energetic neutral atoms (Bzowski 2008) observed by nowadays by IBEX,
and in the future by IMAP mission (McComas et al. 2018) before the full set of IPS synoptic maps for a given year becomes
available. While not definitive, this extrapolation could also facilitate analysis of the most recent ENA observations, at least
tentatively.

6.1. Impact of elimination of proxy PCs on the general accuracy of the model

In the matrix representation of the Generalized SW speed model (Eqn. 1), matrix M contains the entire information on the
multidimensional correlation between the SW model and solar proxies, obtained from fitting the input SW model to all IPS
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Figure 12. Evolution of the SW speed and density profiles resulting from the model. The white vertical lines divide the maps into the area of
predicted values (i.e., based on the proxies for the outside of the the IPS years 1976.5—1985.5) and the values obtained directly from the IPS
analysis (1985.5—2022).

years: 1985—2021. It was shown that the dimension of the input SW model may be reduced from 19 to 9 when the PC analysis
is applied. A similar dimension reduction procedure was also applied to the proxy PCs. It was motivated by an empirical study
that showed that the least important proxy PCs do not improve the model but may contribute to propagation of uncertainties into
the final solutions when projection of the model on years outside the IPS era is made, and also may lead to overfitting. Here,
we show the tuning of the filtering procedure of proxy PCs, aimed to find the optimal filtering level, at which the least important
proxy PCs are eliminated from the fit, but the remaining PCs preserve the salient information. The tuning is a part of the overall
iterative tuning procedure and is performed on the entire dataset.

The impact of elimination of proxy PCs on the general accuracy is investigated using the χ2 measure. We determine the χ2

magnitudes for different filtering levels of the proxy PCs used in the fits, starting the filtration from the less important proxy PC’s
(e.g., for the filtering level 3, the three least important proxy PC’s are removed from the fit). It was found that the fit quality starts
to deteriorate above the filtration level 3. We thus presume that the filtering level 3 is optimum. The results are summarized in
the Figure 13.
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Figure 13. The magnitudes of χ2 of the SW speed profile reconstruction performed using the generalized SW model with respect to the IPS
data for different levels of proxy PC’s filtering. Application of filtering levels above 3 causes deterioration of the fit quality. The filtering levels
are marked below the plot; 0 means no filtering.

6.2. Analysis of the residuals
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The deterioration of the fit quality towards the poles, which is seen in Figures 8 and 13, is analyzed in this section. From our study
we found that there are two most probable sources of the fit deterioration in the polar regions: worse IPS statistics in the polar
regions or varying physical parameters of the solar wind. It is commonly known that the polar regions have lower IPS statistics,
which results in a reduced coverage of these regions on Carrington speed maps. The use of equi-areal bins in heliolatitude during
IPS binning before fitting reduces the impact of the lower IPS statistics on the general results, but the low statistics may still
impact the fit quality in the case of fitting to all years at once. On the other hand, empirical data show distinctive changes in the
physical properties of the SW between the solar cycles observed in the IPS era. To qualify which of the two potential sources is
more significant for the fit deterioration in the polar regions, we perform the following analysis.

We gathered the IPS data into three subsamples, which correspond to the full solar cycles during the IPS era. We thus had the
subsamples for SC22, SC23, and SC24. For each of the three subsamples, we separately sought for correlation with the solar
proxies (i.e., we determined three matrices MSC22, MSC23, MSC24), and subsequently we reproduced the SW profiles for the years
corresponding to a given matrix to compare the χ2 for all years with the χ2 for each of the three subsamples.
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Figure 14. The magnitudes of χ2 of the SW speed profiles fitted to individual solar cycles (SC22, SC23, SC24), compared with a model fitted
to a dataset of 11 randomly selected years.

It turned out that the deterioration on the poles is significantly lower for the full solar cycle subsamples of the IPS data. To see
if this is an effect of a lower statistics, we repeated the same operation and divided the entire sample into 11-year subsamples,
but this time choosing the years randomly from the period 1985—2021, with each of the considered years selected only once.
We repeated this latter selection and fitting process 20 times. In both cases, i.e., when selecting the fit samples by solar cycles
and randomly, we obtained a lower magnitude of χ2, i.e., a better quality of the fit around the polar regions (see Figure 14). This
suggests that at this temporal resolution, we are not able to quantify to what extent the lower fit quality towards the poles is linked
with the physical changes of the SW or with the reduced statistics. It also indicates that the model based on the matrix M from
the fit to all available IPS years should be adopted, i.e., no division of the IPS data into subsamples is recommended when a
yearly-based approximation of the SW speed profile evolution is used in the fitting.

The last aspect of analysis of the residuals is the very low magnitude of reduced χ2 in the equatorial region. Both, the initial
and filtered models have χ2 much below 1. It is a result of application of the OMNI corrections on the IPS data in the situation
when the OMNI SW speeds are subsequently used as one of the proxies. A contributing factor may be an overestimation of the
data uncertainties due to the fact that their spread in the individual bins is not distributed exactly normally (i.e., Gaussian-like).
This latter conclusion is drawn from analysis of Figure 14, where the magnitude of reduced χ2 is consistently below 1 for almost
all data points.

6.3. Comparison with the Ulysses data

Now a comparison of model based on the matrix M its predictions with the Ulysses SW speeds measured in situ (McComas et al.
1998, 2000, 2002, 2008) is made. For the comparison purposes we use the three fast Ulysses scans and the yearly mean proxies
as input to the generalized SW model. The results are shown in Figure 15, in which a general agreement between the predictions
and Ulysses data is seen. However, some minor differences occur, mostly at the areas with large dynamic changes of SW. The
problems with reproduction of the high dynamics of the SW speed changes is an issue of the generalization procedure, which
was pointed out in Section 6.2. This issue is due to the fact that the generalization procedure relies on yearly mean profiles, and
and the fitting is done for all years at once. It causes that the generalization may sometimes have a large inertia, which results in a
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worsening of the accuracy of the predictions because of a slow adaptation of the model to the rapidly changing SW. Nevertheless,
the differences in the first and second fast scan are mostly within the uncertainties of the Ulysses data.

The third fast scan, which was performed in 2007, features some systematic differences in the southern hemisphere. In general,
the solar wind in 2007 was quite unique, since the SW speed profile featured a large N/S asymmetry close to the equator, which
is also confirmed by the IPS data (see Figure 7, where the asymmetry in the original SW reconstruction in the vicinity of the
equator by Porowski et al. (2022) is also visible). Since such a situation does not appear frequently during the other years, the
generalization procedure was not able to reproduce this asymmetry and provided a systematic difference for this specific year.
Likely, this difference might be reduced if data for a longer time interval had been available or a larger temporal resolution would
be used during the fitting performed within the generalization procedure, assuming that the unusual asymmetric of profile was
not due to some other factors.
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Figure 15. Comparison of the SW speeds predicted using the generalized SW model (red), the SW speed model obtained in the previous work
by Porowski et al. (2022) (blue), and the averaged Ulysses data (black) for the three Ulysses fast latitude scans.

Summarizing, the generalization procedure will always be insensitive to rare events of yearly SW speed profile shape distor-
tions, and only a larger input data with numerous occurrences of the rare SW long-scale configurations will make this procedure
sensitive to them. Despite these drawbacks, the profits offered by generalization and the fact that unusual profiles are rather rare,
make it a useful tool for analyses of the SW speed.

7. SUMMARY AND CONCLUSIONS

We discovered an empirical correlation between the profiles of SW speed and a set of solar proxies, which allowed us to extend
the model of evolution of the latitudinal structure of the SW developed by Porowski et al. (2022) into times for which the
IPS measurements are not available. We called this extension a Generalized SW Model. We showed that the Generalized SW
Model provides relatively stable solutions, even among different model setups. The solutions provided by the Generalized Model
converge when PCA filtering is applied to the SW model parameters (with the 1% criterion) and to the proxies. The proxy PCA
filtering was carefully optimized based on analysis of the convergence of the solutions. This holds for a wide range of m values
(8—22), as well as for small variations of the proxy set composition. The overall accuracy of the generalization is confirmed by
comparing its predictions with the Ulysses data, as shown in Figure 15, which demonstrates the fidelity of the model.

The model calculates the profiles of the SW speed for the middle of a calendar year. For the years for which IPS measurements
are available, the profiles are derived based on the IPS data; for those for which they are not available, the proxy-based model is
used. The evolution of the speed and density of the SW resulting from the model for the entire time interval for which the IPS or
proxy data are available, i.e., for 1976—2022, are presented in Figure 12.
The analysis steps leading to the final model are summarized as follows:

1. Take synoptic Carrington maps of the solar wind speed retrieved from CAT analysis performed by Tokumaru et al. (2021)on
IPS observations. Perform IPS data preparation as presented by Porowski et al. (2022). Calculate Carrington-averaged
profiles of the solar wind speed cleaned from outliers, averaged over uniform latitudinal bands in the space of cos(φ),
where φ is heliolatitude.

2. Define the Legendre base in the cos φ space with the constraint of disappearing the derivatives over φ at the poles, as defined
in Equations 1, 2 in Porowski et al. (2022), for the order n = 20 and fit the parameters of the Legendre model for all of the
available m years of the IPS data. The result is an m by n − 1 matrix of the model parameters.
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3. Perform the PCA on this matrix. Take the resulting matrix of the transformation from the parameter space to the PC space
and transform the Legendre base into the PCA base. Reduce the dimension of this base by admitting only the base vectors
corresponding to the PCs that contribute at least 1% to the total variance (in our case, the 9 largest PCs); adopt these base
vectors and the parameters as the basis for the reduced SW model.

4. Take the 9 proxies listed in Table 1, calculate yearly averages for all of them for the years that have the IPS measurements.
The result is a matrix of m by 9 yearly averages of the proxy values.

5. Perform the PCA on the proxies, transform the original proxy time series matrix into the PCA space.
6. Perform fitting of the speed profiles for the proxies from the time intervals when there are no IPS data available; to that

end, use Equation 1 to obtain M and c. The result is SW speed profiles for the centers of calendar years.
7. Calculate the SW density profiles using the just-derived speed profiles based on the total SW energy flux (Le Chat et al.

2012) using the methodology employed by Porowski et al. (2022).
We checked that the Generalized SW Model provides stable solutions both within the IPS data range (1985—2021) and outside

this period. We found no systematic differences, but noticed an increasing spread of the residuals towards the solar poles. We
found that this spread is neither due to the adopted model setup, nor to the proxy set used. We concluded that the Generalized
SW Model for the 36 years of available IPS data returns some discrepancies at higher latitudes, especially during periods of high
dynamics of the SW variations (i.e., during transition between the minima and maxima of the solar activity). Most likely, a larger
temporal resolution of the initial SW model would be necessary to eliminate this effect.

On the other hand, the global accuracy of the SW profiles generated by the Generalized SW Model is satisfactory. The
Generalized SW Model may be regarded as a useful tool to provide SW speed distribution for periods when no IPS observations
are available. At the current state of analysis it seems impossible to conclude if an improvement of the χ2 of the model observed
when 11-year subsamples are used in the fitting is a statistical effect or if this is because the the relation between the SW
parameters and the proxies used in the Generalized Model changes from one solar cycle to another. A resolution of this enigma
may be obtained when the time resolution of the Generalized model is increased, which will be a topic of a separate study.

The Generalized SW Model is the newest extension of the WawHelIioIon 3DSW model of the evolution of the solar wind
speed and density, and the resulting charge exchange rates of interstellar neutral species inside the heliosphere. This extension
provides an opportunity to improve the current knowledge on the solar wind and its interaction with the interstellar medium.
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